In this note we collect several observations on state extensions. They may be instrumental to anyone who pursues the theory of quantum logics. In particular, we find out when extensions (resp. signed extensions) exist in the "concrete" concrete logic of all even-element subsets of an even-element set (Theorems 2.3 and 2.9). We also mildly add to the study of difference-closed logics as initiated in Ovchinnikov (1999) by finding an extension theorem for subadditive states. Our results supplement the research carried on
INTRODUCTION
The question of extending states on quantum logics is sometimes surprisingly combinatorially involved. In spite of the progress made by the authors referred to in the abstract above, several questions remain open (see e.g., Ovchinnikov, 1999 and Pták, 2000) . It therefore seems helpful to have the situation clarified in the "testing" case of the logic of even-number-element subsets of a set. This is what we intend to do in this note. Our results may partially overlap with the results of the previous effort but we are not aware of them being explicitly formulated elsewhere.
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NOTIONS AND RESULTS
We shall exclusively deal with finite concrete (= set representable) quantum logics and states (= probability measures) on them as defined below. Standardly, for a set X we stand exp(X) for the (Boolean) power algebra of X.
Definition 2.1. Let X be a finite set. A collection ⊆ exp X is said to be a concrete quantum logic (abbr. a logic) if the following conditions are satisfied: The chief question we ask here reads as follows: Having given a (concrete) logic on a set X and having given a state s on , when can we extend s as a state (resp. as a signed measure) over the entire algebra exp X? Expressed more formally, given a state s on , when can we find a state t (resp., a signed measure t) on the Boolean algebra exp X such that t restricted to equals to s? Let us observe first that certainly not always. In fact, we even do not have the "weak" extensions (=extensions of states to signed measures) of two-valued states at our disposal as the following simple example shows.
Example 2.2. Let X = {1, 2, . . . , 6}, and let be the smallest concrete logic on X containing the following four sets: B, B c , C, C c , D, D c , X} (for the reader acquainted with the theory of orthomodular lattices, is a representation of the orthomodular lattice MO 4 ). Let us take the (two-valued) state s : → {0, 1} defined as follows:
We claim that this state s cannot be extended over exp X as a signed measure. Indeed, suppose that m : → IR is a signed measure which extends s. Then 
